Abstract. For a domain D ⊂ C n , the relationship between the squeezing function and the Fridman invariants is clarified. Furthermore, localization properties of these functions are obtained. As applications, some known results concerning their boundary behavior are extended.
Let D ⊂ C n be a domain. The first purpose of this note is to clarify the relationship between s D , the squeezing function [2] , and its dual counterparts -the Fridman invariants h [8, 9] , sup tanh r is replaced by inf 1/r). Remark. We set s D = 0 if D is not biholomorphic to a bounded domain. We also allow h d D (z) = 0. Many properties and applications of s D have been recently explored by various authors, see e.g. [2, 3, 5, 6, 12, 17, 18, 19] and the references therein; for h c D and h k D see [8, 9, 11] . Let ∆ be the unit disc. Recall that
and k D is the largest pseudodistance that does not exceed the Lempert function l D : 
The second inequality follows from the fact that c D ≤ k D .
To prove the first inequality, we may assume that s D > 0. By normal family arguments, there exists an extremal mapping f ∈ O(D, B n ) for
The last is also a consequence of Proposition 1 and the fact that if n be a domain and let U be a neighborhood of a plurisubharmonic peak point
Remark. The inverse implication cannot be true without global assumptions about D.
Proof. Let t ∈ (0, 1). It follows by the proof of [10, Lemma 2.
This and (1) show that f (trB n ) ⊂ U and hence
which implies the desired result.
Proposition 3. Let D ⊂ C n be a domain and let U be a neighborhood of a local holomorphic peak point p 0 ∈ ∂D. Then
For the strongly pseudoconvex case, this proposition is contained in 3=[9, Lemma 3.4].
Proof. Denote by κ D the Kobayshi-Royden pseudometric:
Let s ∈ (0, 1) and r > 0. It follows by the proofs of [10, Lemmas 2.1.1 and 2.1.3] that there exists neighborhoods Recall that a C ∞ -smooth pseudoconvex boundary point p 0 of finite type of a domain D ⊂ C n is said to be h-extendible (see e.g. [16] and the references therein) if D is pseudoconvex near p 0 and the Catlin and D'Angelo multitypes of p 0 coincide. For example, p 0 is h-extendible if the Levi form at p 0 has a corank at most one, or D is linearly convexifiable near p 0 . In particular, h-extendibility takes place in the strictly pseudoconvex, two-dimensional finite type, and convex finite type cases. Suppose that p 0 is of infinite type. By the disc assumption, p 0 is again a local holomorphic peak point [15, Proposition 3.4] . Then, using Proposition 2, we may assume that D is a convex domain. It follows by the proof of [17, Propoisition 6.1] that there exists a sequence (z j ) ⊂ D converging to p 0 and affine isomorphisms A j of C n such that A j (D) → D ∞ in the local Hausdorff topology, and A j (z j ) → 0 ∈ D ∞ , where D ∞ is a convex domain, containing no complex affine lines (by the disc assumption), and ∂D ∞ contains an affine disc D (by the infinite type assumption). Since
n . In particular, the metric space 
The proof of [14, Theorem 1] follows the same lines as that of [5, Theorem 1.1] , where the cases of C 3 -smooth and C 4 -smooth bounded strongly pseudoconvex domains are considered.
In the C 3,1 -smooth case, Proposition 7 says that lim sup
This estimate is optimal. Indeed, it follows from the proof of [6, Theorem 1.2] that if p 0 is a C 2 -smooth boundary point of a domain D ⊂ C n and lim inf
We will prove more in a short way.
Proof. One may find points z j → p 0 and injective maps
Fix an a ∈ D. By [13, Theorem 7] , there exists a constant c > 0 with 
